Supplementary Material

Fig. 5. When E ∼ N (10, 1), the power of the M test does increase as βme increases, contrary to what we observed in Figure 1 when E ∼ N (0, 1). When E is simulated from a log-normal distribution, the M test does not gain power as βme increases, as we also observed in Figure 1. Thus, it is the centering of the exposure distribution, not the shape, that impacts the relationship between βme and the power of the M test.

Fig. 6. When E ∼ N (10, 1), the type 1 error of each test is approximately the same as that when E ∼ N (0, 1), as presented in Figure 3. The ME test still suffers no inflation of type 1 error. When E is simulated from a log-normal distribution, the ME test does suffer some inflation of type 1 error. Thus, it is the shape of the exposure distribution, not the centering, that impacts the type 1 error of the ME test.
